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PROFESSOR WILLIAM HOOVER, A. M., Ph. D. 


Professor Hoover was born in the village of Smithville, Wayne county 
Ohio, October 17, 1850, and is the oldest of a family of seven children. Both 
parents are living in the village where he was born, still enjoying good health. 

Up to the age of fifteen he attended the public schools, and for two or 
three years after, a local academy. Owing to needy circumstances he was 
obliged to work for his living quite early, and almost permanently closed attend- 
ance at any kind of school at eighteen years of age, sometime before which, go- 
ing into a store in the county seat, as clerk. Nothing could have been farther 
from his taste than this work, having been thoroughly in love with study and 
hooks long before. After spending two or three years in this way, he went to 
teaching, about the year 1869, and he has been regularly engaged in his faverite 
profession to the present day. 

He attended Wittenberg College and Oberlin College one term each, a 
thing having very little bearing on his education. He studied no mathematics 
aut either place, excepting a little descriptive astronomy at the latter. 

After teaching three winters of country school, with indifferent success, 
he was chosen, in 1871, a teacher in the Bellefontaine, Ohio, High School, 
serving one year, when he was given a place in the public schools of South Bend, 
Ind. Remaining there two years, he was invited to return to Bellefontaine as 
superintendent of schools. He afterwards served in the same capacity in 
Wapakoneta, O., two years, and as principal of the second district school at Day- 
ton, O. In 1883, he was elected professor of mathematics and astronomy in the 
Ohio University, Athens, Ohio, where he is still in service. 

Through all his career of teaching, Professor Hoover has been an inces- 
sant student, devoting himself largely to original investigations in mathematics. 
Although his pretentions in other lines’ are very modest, he is eminently profi- 
cient in literature, language, and history. Before going into college work he 
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had collected a good library. He is indebted to no one for any attainments 
made in the more advanced of these lines, but by indefatigable energy and perse- 
verance he has made himself the cultured, classic, and renowned scholar he is. 

He has always been a thorough teacher, aiming to lead pupils to a mas- 
tery of subjects under consideration. His habits of mind and preparation for 
the work show him specially adapted to his present position, where he has met with 
great success. He studies methods of teaching mathematics, which in the higher 
parts is supposed to be dry and uninteresting. He sets the example of enthu- 
siasm as a teacher, and rarely fails to impress upon the minds of his students the 
immense and varied applications of mathematics. He is kind and patient in the 
_ Class-room and is held in the highest esteem by his students. He is ever ready 
to aid the patient student inquiring after truth. It seems to be a characteristic 
of eminent mathematicians that they desire to help others to the same heights to 
which they themselves have climbed. This was true of Professor Seitz: it is true 
of Dr. Martin; and it is true of Professor Hoover. 

In 1879, Wooster University conferred upon Professor Hoover the de- 
gree of Master of Arts, and, in 1886, the degree of Doctor of Philosophy cum 
/aude, he submitting a thesis on Cometary Perturbations. In 1880, he was elected 
a member of the London Mathematical Society and is the only man in his state 
enjoying this honor. In 1890, he was elected a member of the New York 
Mathematical Society. He has been a member of the Association for 
the Advancement of Science for several years. Papers accepted by the associa- 
tion at the meeting at Cleveland, Ohio, and at Washington, D.C. have been pre- 
sented on ‘‘The Preliminary Orbit of the Ninth Comet of 1886,” and ‘On the 
Mean Logarithmic Distance of Pairs of Points in Two Intersecting Lines.” He is 
in charge of the correspondence work in mathematics in the Chautauqua 
College of Liberal Arts and of the mathematical classes in the summer school at 
Lake Chautauqua the principal of which is the distinguished Dr. William R. Harper, 
president of the new Chicago University. The selection of Professor Hoover 
for this latter position is of the greatest credit, as his work is brought into com- 
parison with some of the best done anywhere. 

He is a critical reader and student of the best American and European 
writers, and besides, is a frequent contributor to various mathematical journals, 
the principal of which are School Visitor, Mathematical Messenger, Mathe- 
matical Magazine, Mathematical Visitor, Analyst, Annals of Mathematics, and 
Educational Times of London, England. 

His style is concise and his aim is elegance in form of expression of 
mathematical thought. While greatly interested in the various branches of pure 
mathematics, he is specially interested in the applications to the advanced de- 
partments of Astronomy, Mechanics, and the Physical Sciences—such as Heat, 
Optics, Electricity, and Magnetism. The ‘‘electives” offered in the advanced 
work for students in his University are among the best mathematics pursued 
any where in this country. 


He is an active member of the Presbyterian church and greatly inter- 
ested in every branch of church work. He has been an elder for a number of 
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years and was chosen a delegate to the General Assembly, meeting at Portland, 
Oregon, in May, 1892, serving the church in this capacity with fidelity and intel- 
ligence. In this biography of Professor Hoover, there is» valuable lesson to be 
learned. It is this: energy and perseverence will bring a sure reward to earnest 
effort. We see how the clerk in‘a county-seat store, in embarassing cireum- 
stances and unknown to the world of thinkers, became the well known Professor 
of Mathematics and Astronomy in one of the leading Institutions of learning in 
the State of Ohio. **Not to know him argues yourself unknown.” 
| From Finkel’s Mathematical Nolution Book. | 


APPLICATION OF THE NEW EDUCATION TO THE 
DIFFERENTIAL AND INTEGRAL CALCULUS. 


By FLETCHER DURELL, Ph. D., Professor of Mathematics, Dickinson College, Carlisle, Pennsylvania. 


(Continued from the January Number ] 


If the quantity which has been represented by curves may also be re- 
garded as existing independently of any spacial arrangement, its magnitude and 
magnitude relations in both cases being the same, the formulas of differentiation 
obtained above ‘apply to both; that is, they apply to functions as well as to 
curves. The student may at once be brought to realize the greater flexibility 
and freedom of treatment obtained by using them functionally. We thus arrive 
at the more general definition of differentiation, 2 i i 

The process of determining the slopes of curves by the above geometri- 

‘al method, and the use of the related variables as auxiliary quantities determin- 
ing the slopes by exact contact, and the practice in constructing tangents to the 
curves by the use of these slopes, build up firm and exact and vivid conceptions 
of the quantities dealt with. When the student comes to take up the more gen- 
eral idea of functional quantities, arranged irregularly or indefinitely in space, 
the geometrical conceptions already formed aid in giving firmness and reality to 
the quantities dealt: with js differential coefticient, and a sense of the absolute 
precision of thejr values as determined by variables moving up into contact with 
them. 

However at the outset of each division of the subject, as in dealing with 
partial differentiation, series, indeterminate expressions so-called, ete, it is best 
to establish properties in the geometrical form if only for the double light that is 
thrown on them. Space will not permit us to show in detail how this is done, 
and we will but illustrate these further applications of the method by giving : 
proof of Taylor’s Formula with Remainder. In Fig. 5, let (7), or ?Q, be the 
section of the surface, “=/'. +) made by the w-plane. Since this surface 
slopes in the same way from the /—plane, as it does from the y—plane, this 
one trace ‘may be taken as an adequate representation of the whole surface for 
the present purpose. 
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In the equation u= 
let have 
some temporarily con- 
stant value as a,( OM). 
Let v=f(at+y) be such 
function that when y 
varies between zero and 
h( MN) in value, v= 
Alat+y) and its first 
n+1 derived* lines are 
all continuous. Then 
VN, that is, fla+h) 
may be expressed thus, f 


"(a) 


Av +1 
—f"(a)+—— R... 
n 

(4). &, in this equation, is an unknown quantity (constant as long as «and / 

are) and must be determined so as to satisfy equation (4). This we now proceed 

to do. 


If we use another unknown and MN by we may 


n....(5). Taking y asa variable and ¢ as this traced will give 
a curve which must pass through J/ and since in (4), when y=o, 
and also when y=/, v=v, by aid of (4). Therefore} if we denote the slope of 


MAN by or 2, v=o for some value of y between zero and /, as JYV,. 
Differentiate(5)with respect to y, (N+ yf (t+... 


R+e'....(6). In (6), when y=o, .*.(6) may be traced as a curve MACY, 


passing through Wand .V, and somewhere as at Av having its slope =o, * 
Differentiate (6) and proceed as before; after “+1 processes we obtain 
di 


..(7), in which veing the slope of the preceding 


line, must =o,for some value of y, as where Fis a proper fraction; 
n+l, 


in (4), let y=4/, then since 


* By u derived line is meant one such that each ordinate of it equals the slope of the preceding line at the 
corresponding point. Onthe figure,(1) is drawn as the Ist derived of (I). 
t See Todhumer’s Differential Calculus. 


t Using the principle that if a curve cross the axis of x at two points, and if the curve and its first de- 


rived line be continuous between these points, the slope of the curve at some point between the two 
points of crossing, must be zero. 
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That is, R= slope of the wth derived line of w=f (a+y) at that point whose 
abscissa is a+ in (4) for R we 

What is true for one set of wa for « and /; is true for others , provided the 


above conditions of continuity ete. are satisfied. Hence, we may write the gen- 
eral formula, 


2 

After the student realizes the pai st oat come from the use of 
the functional ‘idea, he is to be introduced to the further advantages which come 
from the use of infinitesimals. This method is to be taught as an abbreviation of 
the preceding methods. In the first place, we observe that certain terms which 
contain higher powers of 4. and 4y (or other increments) will disappear when 
the secant becomes a tangent (or the limit is taken), hence,we cancel them out by 
anticipation. The infinitesimal is an aid in determining these. Often we do not 
actually develope quantities into these higher powers of the increments, but de- 
termine by the use of the infinitesimal idea, that they would be such if devel- 
oped. Again, if we neglect infinitesimals of higher orders and all the terms that 
would be produced by them in the course of the work, the neglected terms be- 
ing kept in mind along with the thought that they will disappear whenever we 
desire to make the tangent reduction or pass to the limit, and if we retain Jy 
and 4, as dy aud dv and operate with them, still other advantages result. All 
these various advantages may be grouped in three classes: 

First, in expressing results. Several equations are often expressed as 


one. Thus = and dy™ 1+ are expressed in the 
single equation di? +dy?. Likewise, +dz? 
three equations. 

Second, in proving prop- 
erties, as in cases ¥here_infinitesi- 
mals of higher orders are neglect- 
ed at the outset. - 

Third,in suggesting 
properties. 

In all the first cases in 
which infinitesimals are used, t h e 
proof should be given in the un- 
abreviated geometric form first. 
Then by way of comparison, the 
abbreviated form by:the use of in- 
finitesimals and the resulting 
advantages are to be 
presented. This may be illsutrat- 
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ed by proving that the differential coefficient of the area of a curve y 
=f (7), is . In Fig. 6, let the equation of apy be y=f (x) and let its 


areas be measured from « given ordinate ab. Let ?QY be such a curve that the 
number of linear spaces in any ordinate = the number of units of area from o/ 
up to the corresponding ordinate. Thus,the number of linear units in /’/=num- 
ber of units of area in abpM, and number of linear units in @M=number 
of units of area in aby N. 

If we denote the ordinates of ?QY by A, YR=4.1=the number of linear 
units in where 4 is a proper fraction. 

and ny, that is 7t=pM, by the usual 
reduction. But this process is abbreviated by the use of infinitesimals thus: if 
MN is diminished till it is an infinitesimal, dv, py N is an infinitesimal of area, 
dA. .. dA=yda+ bdedy=ydz, neglecting the infinitesimal of the 2nd order. 

As a result of this method of taking up the Differential Calculus, the 
process of integration has two aspects; first, the simple concrete aspect of un- 
sloping; second, the aspect of summation often convenient in practice. If the 


slope of a curve at every point=twice the abscissa of the point, that is Wy =27, 


it is a matter of simple recollection that the equation of the curve is y=a? +c. 
From previous constructions in the Differential Calculus, the two curves rise to- 
gether as a picture with the slopes of one identical in magnitude with the ordi- 
nates of the other. The relation can be verified anew by constructions. 

This sharp vividness in the unsloping aspect aids in grasping integra- 
tion as summation. Thus if the summation be that of the areal elements of a 


curve, their sum is represented by a straight line, which approaches “@*® h (or 


4x) approaches zero, hence we get here the same contact of the variable with 
the limit which it determines, as we did in the Differential Calculus. 


The conception is also useful in grasping multiple integration as a sum- 
mation. Thus to integrate 4 SF (a,y,2) dedydz, dx, dy, dz being infini- 


tesimals, we conceive the space between the limits of the integration, to be divid- 
ed by parallel planes into parallelopipeds, whose edges are dx, dy, and dz. De- 
note the value of f (a, y, z) by which each small parallelopiped element, ddydz, 
is multiplied as the vad/ant of that parallelopiped. Conceive the radiant of each 
parallelopiped to extend from each and all points of it as a bundle or sheaf of 
equal and parallel straight lines (it may perhaps be helpful to think of the radi- 
ants as lines of force). Hence, the aggregate, =f (,y,2) dzdydz, denotes a set 
of parallel bundles of radiants, the individual members of each bundle being 
equal among themselves. Hence, this aggregate is discontinuous in three direc- 
tions. Then it may readily be shown that 4 single integration (unsloping) makes 
this aggregate continuous in one direction, and the three successive integrations 
make it continuous ‘in alldirettiofis; the result being an aggregate in which each 
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point has a radiant determined by the co-ordinates of the point, and the entire 
aggregate being equal to the volume determined by the limits of the integration 
multiplied by the average size of the radiants. 

This method of presenting the first principles of the Differential and 
Integral Calculus is in accord with, indeed is developed from the principles of 
the new education. The method proceeds from the known to the unknown by 
continuous steps. The idea of slope is already firmly established in the mind of 
the student from the study of Analytical Geometry. This idea is developed into 
those of the differential coefficient and the infinitesimal without any sudden leap 
to functions and abstract continuous quantity. The method proceeds from the 
concrete to the abstract. It gives the student at the outset something which he 
‘an see, make, and count and hence, developes his self activity. He proceeds to 
other ideas not mechanically or under dictation but for the sake of clear realized 
advantages. The advantage of geometrical conceptions at the foundation of a 
subject and their pervasive, illuminating power is well expressed by Prof. Simon 
Newcomb thus:* ‘A practice has come into vogue among professional mathe- 
maticians which illustrates the difficulty I have mentioned, and the way in which 
it may be avoided. The relations among imaginary quantities in algebra are so 
much more complex than those among real quantities that they evade the direct 
comprehension of even the most expert mathematician. The result was that no 
progress was made in the study of a subject now at the basis of a large part of 
mathematics, until Gauss and Cauchy conceived the happy idea of representing 
the two elements which enter into an imaginary algebraic quantity by the posi- 
tion of a point on a plane. The motion of the point embodied the idea of the 
variation of the quantity, and the study of the subject was thus reduced to the 
study of the motion of points; an abstraction was replaced by a concrete repre- 
sentation. The result was that, in the conception of writers on the subject, posi- 
tion speedily took the place of quantity; the word ‘‘point” replaced the word 
*‘value”, and in this way an extended branch of mathematics was constructed, 
which would not have been possible had the abstract variable of algebra not been 
replaced by the moving point of geometry. If the greatest mathematical minds 
feel such an aid to be necessary to their work, why should not a corresponding 
aid be offered to the farmer's boy, who is engaged, year after year, in struggling 
with numbers, of whose relations to sensible objects he can have no clear con- 
ception”, and, we may add, to the student who with no extended preliminary 
mathematical training takes up the study of the Differential and Integral Calcu- 
lus, the most difficult perhaps in the range of the curriculum? Furthermore, as 


. the first conceptions of the theory of functions are now usually given in the 


geometric form, one of the advantages of the method of teaching the Calculus 
here presented is that it thus also opens the way to the general treatment of the 
subject where the complex variable-is included. 


Ecucational Review, Vo). p. 279, 
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EASY COROLLARIES IN NON-EUCLIDEAN GEOMETRY. 


By GEORGE BRUCE HALSTED, A. M. (Princeton), Ph.D. (Johns Hopkins), Member of the London Math- 
ematical Society, and Professor of Mathematics in the University of Texas, Austin, Texas. 


In that sort of Non-Euclidean geometry usually named after Lobat- 
schewsky, it is readily demonstrated that the angle-sum of a rectilineal triangle 
is a variable directly connected with the size of the triangle, just as is the case in 
spherics. This proof ina very elementary form is given by John Bolyai. His 
section 41 is, ‘Equivalent triangles have their angle-sums equal.” Then as an 
easy corollary, section 42, “Triangles are to each other as the supplements of 
their angle-sums.” 

From this we get, at once, the corollary,that in Lobatschewsky’s geom- 
etry there may be a triangle whose angle-sum differs from a straight angle by 
less than any given finite angle however small. 

For a singleangle ACB can always B 
be drawn less than a straight angle and in Pe 
such manner as that it shall differ from a 
straight angle by as small an angle, a, as 
any given finite angle however small. Then 
drawing a straight line from any point 
on the arm AC'to any point /' on the arm ~ 
BC we shall have a triangle XCF, the supplement of whose angle-sum is less 
than a. 


Hence the further corollary, that we can always draw a triangle less in 
size than any triangle whose angle-sum is less than a straight angle by the given 
finite angle a. 


BIBLIOGRAPHY OF THE HISTORY OF GEOMETRY; ALSO A 
LIST OF MATHEMATICAL PERIODICALS. 


By ROBERT J. ALEY, A. M., Professor of Matlematios in the Indiana University, Bloomington, Indiana. 


The following list was prepared in the belief that it would be of interest 
and value to those who are making a study of the history and developement of 
Geometry. The list does not pretend to be complete, yet it is thought that the 
principal English, French,and German works are included. The list of Ameri- 
can Periodicals is thought to be complete. The date given in connection with 
each periodical is the date of first issue. In the case of periodicals that have been 
discontinued, the date of discontinuation, when possible, is given. The list has 
been made by a careful study of the references in the leading histories of Mathe- 
matics. The place of publication of a number of the periodicals has not been de- 
termined with certainty; these are left blank in the list. Corrections and addi- 
tions will be gladly received by the writer. 
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Adams, George 
Allman, G. J. 
Barrow, I. 

Ball, R. W. 
Ball, R. W. 
Ball, R. W. 
Bossut, C. 
Barlow, Peter 
Burrow, R. 
Cajorie, F. 


Cajorie, F. 
Dodgson, C. L. 
Donn, Benj. 
DeMorgan, A. 


DeMorgan, A. 
Davies, T. S. 
Gow, J. 
Holyoake, G. JJ. 


Hutton, Chas. 
Moxon, Jas. 
Newman, F. W. 
Paman, Roger 


Playfair, John 
Pirie, G. 
Plucker, J. 
Shanks, W. 


Stone, E. 
Smith, Jas. 


Thompson, T. P. 


Taylor, Thos. 
Taylor, Chas. 


Whewell, W. 
Wilkins, John 


ENGLISH. 
freometrical and Graphical Exsays, 1797. 
Oreck Geometry from Thales to Euclid, 1889. 
Translation of Euclid, -15 books, 1660. 
Short History of Mathematics, — 1888. 
History of the Study of Mathematics at Cambridge, 1889. 
Mathematical Recreations, L889. 
General History of Mathematics, 1803. 
Mathematical and Philosophical Dictionary, 1814. 
Translation of the Geometrical Treatise of Apollonius, V79. 
A LMistory of the Study and Teaching of Mathematics 
in the United States, 1890. 
AL History of Mathematics, L894. 
Euclid and his Modern Rivals, 1879. 
The Geometrician; Exsays on Plane Geometry, 1778. 
Kuklides, in Smith's Dictionary of Greek und Roman 
Biography, 1849. 
Budget of Parodores, 1872. 
(reometry und Geometers, 1850. 
History of Greek Mathematics, 1884. 
Mathematics no Mystery, or the Beauties ona Uses of 
Euclid, n. d. 
1 Mathematical Dictionary,—2 V ols., 1815. 
Mathematicks Made Easiesor a Mathematical Die tionar 1692. 
Difficulties of Elementary Geometry, 1841. 
The Harmony of the Ancient and Modern) Geometry 
Asserted, 1745. 
Progress of Mathematical and Physical Science since 
the Revival of Letters in Europe,—2 Vols., 1816. 
Short Account of the Principal Geometrical Methods 
of Approximating to the Value of 7, 1877. 
Ona New Geometry of Space, 1865. 
Contributions to Mathematics, ( Squaring Circle), 1853. 
A New Mathematical Dictionary, 1726. 
The Quadrature of the Cirele. he- 
tween an eminent mathematician (A. DeMorgan) 
and J. Smith, 1861. 
Geometry Without Axioms, 1833. 
Proclus’ Commentaries on Euclid, 2 Vols., 1792. 


.ln Introduction to the Ancient and Modern Geometry 


of Conies. ; 1881. 
TTistory of the Inductive Sciences, 1840, 
Mathematicall Magick, or the Wonders that May be Per- 

Sormed by Mechanical Geometry, 1648, 


at 
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FRENCH. 

Chaignet, A. E. Pythagore et la Philosophie Pythagoricienne, 1874. 
Charles, M. Rapport sur les Progres de la Geometrie, 1870. 
Charles, M. Apercu historique sur Vorigine et le developpement des 

Methodes en Geometrie, 1875. 
D’Alembert, Bossut,&c. Dictionnaire Encyclopedique des Mathematiques, 

4 Vols., 1789. 
Hoefer, T. Histoire des Mathematiques depuis leurs origines pusqu, 

an commencement du dix-newvieme siecle, 1874. 
Libri, Guil Histoire des Sciences Mathematiques en Italie, 4 Vols, 1838. 
Marie, M. Histoire des Sciences Mathematiques et Physiques, 

12 Vols., 1888. 
Montucla, J. S. Histoire des Mathematiques, 4 Vols. 1802. 
Montuela, J. S. Histoire des Recherches suv la Quadrature du Cercle, 1831. 
Montferrier,A.S.de Dictionnaire des Sciences Mathematiques pures et 

appliques, 2 Vols. 1836. 
Mansion, P. TTistoire dex Mathematiques dans Pantiquite et an - 

moyen age, 1875. 
Ozanam, Dictionnaire Mathematique, 1691. 
Ozanam, Jas. Recreations Mathematiques et Physiques, 4 Vols., 1778. 
Quetelet, L. A. J. Histoire des Sciences Mathematiques et Physiques chez lex 

Belges, 1866. 
Saverin, Alex. Dictionnaire universel de Mathematique, 2 Vols., © 1753. 
Saverin, Alex. Histoire des Sciences exactes, 1776. 
Sonnet, H. Dictionnaire des Mathematsiques, 1867. 


Sedillot, L. A. Materiaux pour servir a Vhistoire des Sciences 
Mathematiques chez les Grees et les Orientaux, 1849, 


Tannery, P. Geometrie Grecque, 1887. 
Tannery, P. Sur les Solutions du Probleme de Delos par Archytas et 
par Eudowe. 

Tannery, P. TMistoire general de la geometrie elementaire, 1887. 
Tannery, P. Histoire dela Science Hellene de Thales a Empedoclv, 1887. 
GERMAN. 

Arneth, A. ' Die Geschichte der reinen Mathematik, 1851. 
Bretschneider,C.A. Die Geometrie und die Geometee vor Eukdides, 1876, 
Breitschwert, L. E. von. Johann Kepler’s Leben und Werken, 1831. 
Busch, J. G. Encyclopaedie der Mathematischn Wissenschaften, 1795. 
Baltzer, R. Mathematisch-historisch Bemerkungen, 1865. 
Beier, O. Der Mathematik im Unterrichte, 1879. 
Cantor, M. Vorlesungen uber Geschichte der Mathematik, 1880, 
Chasles, M. Geschichte der Geometrie, 1839, 
Eisenbohr, A. Ein Mathematischn Handbuch der alten Afgypter, 1877. 
Encke, J. F. Geschichte Mathematik und Astronomie, 3 Vols., 1889. 
Friedlein, G. Die Geometrie der Boethins und die indischen Ziffern, 1861. 
Gunther, M.S. (Feschichte der Mathematischen Wissensehaften, 1876. 
Gruppe, Ueber die Fragmente der Archytas und der aelteren 

Pythagoner, 1840. 
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Gunthee, M. 
Geshardt, C. J. 
Gherardi, 
Heiberg, 
Hankel, H. 
Hoffmann, J. .J. 


Kunsberg, Hans. 


Keestner, A. G. 
Klugel, 

Poppe, J. H. 
Reye, Th. 


Suter, H. 
Suter, H. 
Schmidt, C. P. 


Spottiswoode, W. 


Sturm, R. 
Von Kremer, A. 
Weyr, E. 


Weissenborn, II. 


Wockel, H. 


Des Moines, 
New York, 
Charlottesville, 
Baltimore, 


Kidder, 


Philadelphia, 
New York, 
Cambridge, 


Boston, 


New York, 
Washington, 
Cambridge, 
New York, 
New York, 
Flushing, 
New York, 
Ada, 
Washington, 
Perth Amboy, 
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Die Geschichte Mathematischen Unterichts, 1877. 
(reschichte der Mathematik in Deutchland, 1877. 
Die Geschichte der Mathematischen Fucultat in Boloqua. 
Studiren uber Euklid, 1882. 
Geschichte der Mathematik, 1874. 
Der Pythagorische Lersatz, 1821. 
Dev Astronom., Mathemat., Geograph. Eudowos vow 
Kn idos, 1888. 
Geschichte der Mathematik, + Vols., 1806. 
Mathematische- Worterbuch, 7 Vols., 1836. 
Geschichte der Mathematik, 1828. 
Die Synthetische Geometrie in Altertheun und in der 
Neuzelt, 1886. 
Geschichte der Mathematischen Wissenschaften, 1873. 
Die Mathematik auf den Cniversitaten des Mittelalter, (887. 
Die Fraqmente des Mathematikers Menaechimus, 1884. 
Die Mathematih in thren Beziehung 2u den anderen 
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REMARKS ON DIVISION. 


By J. K. ELLWOOD, A. M., Principal of Colfax School, Pittsburg, Pennsylvania. 


A large majority of the arithmetics in use in the United States teach 
that a ‘tconcrete number” can be divided by an abstract or pure number; that if 
the dividend is $10 and the divisor 2, the quotient is $5. Why this has been al- 
lowed to go unchallenged for so many generations is a psychological rather than 
a mathematical problem. Mathematicians have been neither scarce nor idle, but 
they seem to have been working upward and outward among the branches instead 
of digging down to the rootlets of the infinite tree of mathematical truth. 

In the realm of number all the human mind can do is unite and take 
apart,involve and evolye,compose and analyze. Everthing is based upon addition. 
The inverse of additon is subtraction. Multiplication is a mere process of adding, 
hence ‘ts inverse is subtraction. If a given product is $20 and the multiplicand 
$5, we can find the multiplier by subtracting $5 from $20 until nothing remains. 
The number of times we subtract is 4, the multiplier. One number can be taken 
from another just as often as it is contained therein; hence, division is equivalent 
to subtraction, and is the inverse of multiplication. 

If a given product is $20, and the multiplier 4, we cannot by mere sub- 
traction find the multiplicand. That is to say, multiplication has but one in- 
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verse, which is subtraction or its equivalent, division. But by subtraction we 
can find only ow many times; hence,by division the only thing that can be found 
is how many times. That is, how many times one number is contained in an- 
other of the same kind. It is thus seen that quotient is always cbstract. Con- 
sequently, the dividend and divisor must be like numbers; for if a quotient is «, 
the dividend is « times the divisor, whatever it may be. Therefore, a ‘‘concrete 
number” can not be divided by an abstract one. 

To find one of the equal parts of a concrete number is more than divi- 
sion: it is a problem that involves the use of division; it is an *tapplication” of 
division, just as ‘profit and loss” is an application of percentage. Thus, to find 
¢ of $20, we proceed logically as follows: 

(a) 4 of $20 is as many dollars as there are 4's in 20. 

(6) There are five 4's in 20, 

(c) .*. $ of $20 is $5. 

The reasoning in such problems must be in the abstract, and the result 
interpreted or applied in the conclusion. But pure division involves none of 
this reasoning—it involves only a retracing of the steps in multiplication or 
addition. 

It is plain that to find $ of a number is to divide that number by 4. To 
find } of } is to divide § by 4. Hence, the alleged ‘‘compound fraction” is no 
fraction at all; it is not even an example in multiplication of fractions, as given 
by all arithmetics, but it is clearly an example in d/e/s/on of fractions. 


Expressions like commonly called ‘*ecomplex fractions”, are not 


3 
fractions; they are indicated d/visions. They have the form of a fraction, but so 
has an Indian tobacco sign the form of aman. Unexecuted division and ratio 
may be expressed in fractional form, but a fraction expresses neither division 
nor ratio. Thus, 8+9 niay be written }: but thisdoes not denote 8 of the nine 
equal parts of ‘ta unit.””. When } expresses a division to be performed, the 9 is 
a number—v/ne, when it is a fraction, the 9 is a name—»n/nths. 

In the former case the expression is read 8 divided by nine: in the latter 
it is read 8 ninths. 

Besides, if + wore a fraction, the denominator § would indicate that 

3 

some unit had been divided into § equal parts! Since it is impossible for max 
to so divide a unit, this species of complex fractions must be regarded as 
special gift from on high, **for with God all things are possible.” 


ARITHMETIC. 


Conducted by B. F. FINKEL, Kidder, Missouri. All contributions to this department should be sent to him 


5. Proposed by E. E. KINNEY, Anaconda, Montana. 
A board is 16 inches long and 9 inches wide. How may it be cut in two 
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parts that the parts joined together may form a square? 
Solution by H. W. DRAUGHON, Clinton, Louisiana. 
Let be the board, and let the broken line 


be the line of division. A 
We make BP=/]! | 
('=4 inches, and all parallel to also 


we make, PP’= PP” P'’= P"" inches, pe 

and all parallel to 2/7. From the construction 

it is obvious that if 2 be placed at 7?’ and P”” 

at (the resulting figure will be 1 foot square. © D 
solved in a similar manner by G. B. WM. Zerr, Robert J, Aley, and J. A. Calderhead, 


| P' 
pe” 


PROBLEMS. 


12. Proposed by CHARLES E. MYERS, Canton, Ohio. 

A man made his will to this effect: that if only the daughter returned home 
his wife shouid have % and the daughter 4 of the estate: and if only the son returned, 
his wife should have 4 and the son %. But the son and daughter both returned. How 
should the estate be divided ? 

13. Proposed by J. R. BALDWIN, A. M., Professor of Mathematics in the Davenport Business College, 

Davenport, Iowa. 

A) man borrowed $5000 at a western bank giving his note for $500u due in 5 
years without grace at 8% interest payable annually, and pays the banker a bonus of 
#500 in cash for making the loan; what rate per cent. does he pay ? 

[Solutions to these problems should be received by April Ist.] 


ALGEBRA. 


Conducted by J. M. COLAW, Monterey, Va. ll contributions to this department should be sent to him. 


PROBLEMS. 


9. Proposed by Professor G. B. M. ZERR, A. M., Principal of Schools, Staunton, Virginia. 
+22=21 | 
w®+y?+z=45 -. Find y, and 
y+2?=71 | 
10. Proposed by J. K. ELLWOOD, A. M., Principal of Colfax School, Pittsburg, Pennsylvania, 
+y? +27 =65....(1), 
+(y+w)?=113....(2), 
(ytz)? (3), 
(r+y)? +(2+w)? =125....(4). 
How many values has each of the four unknown quantities? 


11. Proposed by ISAAC L. BEVERAGE, Monterey, Virginia. 
Two men, .A and B, had a money-box, containing $210, from which each drew 
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a certain sum daily: this sum being fixed for each, but different for the two. After six 
weeks, the box was empty. Find the sum which each man drew daily from the box: 
knowing that A alone wouid have emptied it five weeks earlier than B alone. 

12. Proposed by F. M. SHIELDS, Coopwood, Mississippi. 

‘Lhree lads, A, B, and C, each climbed to the top of an upright pole: A’s pole 
was 20 feet high, B's 60 feet, and C's pole was 100 feet high. They all ctarted at the 
same time, and each climbed up a part of the way, at the same rate of speed per min- 
ute, and after each rested 5 minutes, they ascended to the tops of their respective 
poles, at the same rate of speed per minute, when they found that each had consumed 
the same length of time, 25 minutes each, (including the 5 minutes each rested on the 
way). How far up did each climb before resting? At what rates of speed per minute 
did they ascend? 

13. Proposed by H C. WHITAKER, 3.8., M. E., Professor of Mathematics, Manual Training 
School, Philadz’ ph:> 

Six city boys, Jim. Soi, Jerry, Iaek, Jake and Jeorje went into the country 
to steal apples from a tree. While three kept watch, the other three climbed up 
and got what they wanted. Then they came down while the other three rascals went 
up and stole. The one that got mos) was one of the last to go up. 

Each trio of theives took the same number and had each boy taken as many 
as he did take in each of that number of pockets, each trio would also have taken the same 

number and the tree would have lost 538 apples. As it was, Josh got more than 

Jack, but Jeorje got as many as Josh and Jack together, while Jake got twice as many 

as Jerry and two more than Jim. What were the names of the three that  tirst kept 
watch? [Figures altered from problem in //enhle's Notes and Queries. | 
{Solutions to these problems should be received by April Ist. | 


GEOMETRY. 


Conducted by B. F. FINKEL, Kidder, Missouri. All contributions to this department should be sent to him. 


2. Show that }7= | Wallis’s expression tor 7, 
[Selected from Bowser’s Trigonometry. | 
Solution by Professor ‘. . ZERR. A. M.. Principal of School, Staunton, Virginia. 
All trigonometries = the following: 
Now let . Then (1—4)(1— 4's (1 — 
_ 38 15 35 63 99 143 
~ 2° 4° 16° 36° 64° 100 
_ a 8 3.5 5.7 7.9 9.11 11.13 
~ 2 9.2" 4.4° 6.6" 8.8" 10.10" 12.12 
11" 
2.4.6.8.10 
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3. If A be the area of the circle inscribed in a triangle, A,, Ag, 4 


4, the areas 


P ‘ 1 1 1 1 
of the escribed circle, show that —— 
VAs 
[Selected from Todhunter’s Plane Trigonometry. | 
Solution by ROBERT J. ALEY, A- M.. Professor of Mathematics in the Indiana State University, 
Bloomington, Indiana, and J. A. (au.DERHEAD, Superintendent of School, Limaville, Ohio- 


r= —,where +=radius of inscribed circle, S=area of triangle, and 
s 


s=3(¢+b+c)=half the sum of the sides of triangle. (Zodhunter’s Plane Trig- 
omometry, Art. 248.) 


S S S 
Also 7,= where 7,, ,/3 Yrespectively, 
represent the radii of the escribed circles. (Art. 250). 
"VA SA, SA, VA, 
"VA, AA, VAs, Sy Sy Sy 
1 8 1 1 1 1 
vi VA VA, V4A2 VAs 


Also solved by G@. B. WM. Zerr, P. S. Berg, P. H.Philbrick, J. R. Ballwin, and H. Whitaker. 


PROBLEMS. 


17. Proposed by ROBERT J. ALEY, A. M., Professor of Matkematics in the Indiana a 
Bloomington, Indiana. 


Draw a circle bisecting the circumferences of three given circles. 
18. Proposed by Professor HENRY HEATON, Atlantic, Iowa. 

Through two given points to draw two circles tangent to a given circle. 
19 Proposed by J. A. CALDERHEAD, Superintendent of Schools, Limaville, Ohio. 

If any point be taken in the circumference of a circle,and lines be drawn from 
it to the three angles of an inseribed equilateral triangle, prove that the middle line 
so drawn is equal to the sum of the other two. 

20. Proposed by GEORGE BRUCE HALSTED, A. M., Ph. D., Member of the London Mathematical 
Society, and Professor of Mathematics in the University of Texas, Austin, Texas. 

Demonstrate by pure spherical geometry that spherical tangents from any 
point in the produced spherical chord common to two intersecting circles on a sphere 
are equal. 
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CALCULUS. | 


Conducted by J. M. COLAW, Monterey, Va. All contributions to this department should be sent to him. 
PROBLEMS. 


7. Proposed by Professor J. F. W. SCHEFFER, A. M., Hagerstown, Maryland. 
To determine the function F (2) so that 

8 A woodman fells a tree 2 feet in diameter. cutting half way through from 
each side. The lower face of each cut is horizontal, and the upper face makes an angle 
of 45- with the horizontal. How much wood does he cut out ? 

[Selected from Byerly’s Integral Calculus. | 


9. Proposed by Professor G. B. M. ZERR. A. M.. Principal of Schools, Staunton, Virginia. 


2 
iy | 3 
The solids bounded by the surfaces whose equations are | | a4 | 
a | 


2 2 2 2 

| w+ 43 where a > > have their centers coincident. 
Find (1 and 2) the volume of each without the other, and (3) the volume common to 
both by direct integration, using the formula =f f J dxayae. 


10 Proposed by ERIC DOOLITTLE, Instructor in Mathematics. State University of Iowa. 

Prove or disprove the following theorem: If O be any circle. and AB any 
straight line either within or without the circumference, and if a perpendicular be 
dropped from O upon AB and prolonged backward to meet the circumference in P.then 
will the angle whose vertex lies at P and whose sides pass through A and B, cut a por- 
tion CPD from the circle which shall be greater than that cut by any other angle 
whose vertex lies on the circumference and whose sides pass through A and B. 

L!f any one can give a solution without the use of the Calealus, it ‘vill also be acceptable —Eb.} 

11. Proposed by H. W. DRAUGHON, Clinton, Louisiana. 

A ribbon, 1 inch wide is wrapped spirally around a right prism, altitude 10 ft.. 
bases of n sides, radius of circumscribed circle, 1 ft., so as to cover the entire convex 
surface. (1) What is the length of the ribbon? (2) If the ribbon is unwound and 
kept tense, by a power acting on the lower end, and moving in the plane of the lower 
base, what will be the length of the curve described by the power ? 


MECHANICS. 


Conducted by B. F. FINKEL, Kidder, Missouri. All contributions to this department should be sent to him. 


PROBLEMS. 


6. Proposed by THOMAS W. WRIGHT, M. A., Ph. D., Professor of Applied Mathematics and 
Physics, Union College, Schenectady, New York. 
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What is the effect of a charge between light and heavy cavalry, the light 
cavalry having the greater energy and the heavy the greater momentum? 

7. Proposed by DE VOLSON WOOD, M. A., M. Sc., C. E.. Professor of Engineering, Stevens Institute 
of Technology, Hoboken. New Jersey. 

A hollow sphere filled with frictionless water rolls down a rough plane whose 
length is and inclination 6; when half way down the water suddenly freezes and ad- 
heres to the sphere. Required the time of the descent. 

8. Proposed by ALFRED HUME, C. E., D.Sc.. Professor of Mathematics in the University of 
Mississippi. 

A heavy bar AB of length a falls about its lower end B from a_ vertical to a 
horizontal position, when the end A is suddenly fixed and B is set free, so that the bar 
falls into a vertical position AB as at.first; then A is set free, and B is fixed. so that. 
the bar again falls about B into a horizontal position, when the end A is -suddeniy 
lixed, and B is set free, and so on: find the angular velocity @ of the bar about the 
upper end, when it takes a vertical position for the nth time. 

[Selected from Price's Infinitesimal Calewus. } 


SOLUTION TO THE CELEBRATED INDETERMINATE 
EQUATION. 

To obtain the values of .“ and y, in integers, without taking the square 
root of .V, by continued fractions. On account of requiring a certain class of 
non-quadrate numbers for .V, to satisfy the —1, and causing more or less con- 
fusion, this part is set aside for future.time. The + 1 is found in all values of 
and our equation becomes = Vy? +1. 


Then .Vy?+1=0= | mNy 


9 
—1 | when reduced easily gives 


y= 


4+ Let V=2,3,.0,5,6,8,0 
then y=24 421 — 
a=37 953 
6 V=3,7,8,10,11,12, (13), 
y=1 3663 2 
8171910 7 
8 V=14, 15,0, 17, 18, (19), 20, 
V-16"° y=4 8 8 4 9, 
aw=1531 33 #17 9 
we 10 .V=15, (21), (22), 28, 24,0, 26,27, (28),(29),30, 
N=25? y=1 5 10 10 5 2 
w=t 2449 51 2 11 
po ly V=24,(31),32,33,34,35, 0 ,37,38,39,40, (41),42, 
y=1 3 4 612 12 64 8 2 
AT 23 35.71 73 372519 13 


-, then y= 


and y= 


and y= 


rle 
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3° 
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m_ 1 _ V=85,(43),(44), (45), (46),47,48, ,50,51,(52),(53), 
Y= V—49" y=1 714° 147 
48 97 99 50 
(54), (55), 56, 
15 
Y= y=1 4 816 168 #4 
Bl 63 27129 65 
70,71,72, 
17 
m1 N=63,73,74,75,76,77,78,79,80, O ,82,83,84,85, 
9? Y=N—81’ y=i 3 69 18 1896 
a=8 
86,87,88,89, 90, 
3 2 
19 
m_ 1 _ 20 N=80,91,92,93,94,95,96,97,98,99, ,101,102, 
n 10° Y= N-100 #5 102020 10 
108,104, 105,106, 107,108,110, 
5 4 2 


It is seen that the position of the numbers JV, between the two consec- 
utive square numbers, determines the ease of obtaining the values of x and y. 
As, let a? and a3, represent the two squares, then in a? +a,y=2, in numbers JZ, 
of the form of a?+2a,y=1. The more complex numbers are always found mid- 
way between a?+a and a* +2a. 

There are two values of x and y, V being of the form of a*—1. It is, 
however, the second higher value of and y, as «, and y,. 

Other series can easily be found giving, the values also in a regular 
series. A. H. BELL, Hillsboro, Illinois. 

(TO BE CONTINUED.) 


AVERAGE AND PROBABILITY. 


Conducted by B. F. FINKEL, Kidder, Missouri. All contritutions to this department should be sent to him. 


Solution to a Problem by Professor G. B. M. ZERR, A. M., Principal of Schools, Staunton, Virginia. 

Three persons .1., B., C., throw with three dice. They each stake $10, 

and the one who first throws exactly 10 with the three dice, takes the whole 
stake. Find the expectation of each. 

There is probably no subject that is more interesting than the 

subject of Average and Probability, and that part of this subject that deals 
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with games of chance is especially fascinating. In the above problem in order 
to throw ten, one die must turn up 6, one 3, and one 1; or one must turn up 6, 
one 2,and one 2;or one must turn up 5,one 3,and one 2:or one must turn up 5,one 
4,and one Lor one must turn up 4, one 4,and one 2; or one must turn up 4,one 3, 
anlone 3. The first can happen six ways as follow: 6, 3, 1; 6, 1, 333, 1, 4; 3, 
1, 6; 1, 3, 6; 1,6, 3; in all 6 ways, 
the second 6, 2, 2; 2, 6, 2; 2, 2, 6; in all 3 ways, 
the third 5, 3, 2; 5, 2, 3; 2, 5, 3; 2, 3, 5; 3, 2, 5; 3, 5, 23... in all 6 ways, 
the fourth 5, 4, 15.5, 1, 4; 4, 1, 5; 5, 4:1, 4. 5;.,...inall 6 ways, 
the fifth 4, 4, 2; 4, 2, 4; 2, 4, 45. all 3 ways, 
the sixth 4, 8, 3; 3, 4, 8; 3, 3, +. in all 3 ways, 
GIVING 27 WAYS. 

The chance that one die will turn up 6 is . 

The chance that another die will turn up 3 is }. 

The chance that third die will turn up 1 is }. 

Hence, the chance that 6, 3, 1 in order given will turn up on one throw 
is §x§X4=(;)* and since ten can aon up in 27 ways, the chance of throwing 
ten on the first throw is 27 x =(3 =]. 

.. The chance that A will throw ten is } and the chance that he will 
not throw ten is J. The chance then that B will throw ten is the product of the 
chances of A’s failing and of throwing ten on one throw=} x ]; the chance of 4 
and # both failing is 1—(4x3$+4)=42=(})*?: unity minus the chance that 
A throws ten plus the chance, if A fails, that B throws ten . 

Hence, the chance that (’ throws ten is {x (])* and the chance that he 
fails is +4())? | 

chance chance chance 
Us first throw......4 
A’s third throw ...4())° 
&. &. &e. &e. &e. &e. 


.1’s chance is the sum of the geometrical progression 
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7x8 56 
(13)? (13)? 


+ 2 + to infinity = 
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chance is the sum of the geometrical progression-— | 7 
l= + to infinity (= lil 
The ina game of chance is the product of the chance of 
winning into the stake offered minus the stake put up by the winning person. 
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2 
A’s expectation is | of $30—$810=811,',, —$10=$41,%;; . 


B's expectation is 


2 
C’s expectation is of 830—$10=88} . 


MISCELLANEOUS. 


Conducted by J. M. COLAW, Monterey, Va. All contributions to this department should be sent to him. 


PROBLEMS. 


5. Proposed by Professor G. B. M. ZERR, A- M., Principal of Schools. Staunton, Virginia. 

A cubic mile of saturated air at 18°C. is cooled to a temperatureof 10°C. 
How many tone of rain will fall? 

6. Proposed by H.C WHITAKER, B. S..M. K., Professor of Mathematics, Manual Training School, 
Philadelphia, Pennsylvania. 

Two men wish to buy a grindstone 42 inches in diameter and one foot thick 
at the center. To what thickness at the outer edge should the stone uniformily taper 
from the center that each man may grind off 18 inches of the diameter and both have 
enual shares, the central six inches of the diameter being waste? 

7. Proposed by Rev. A. L. GRIDLEY, Pastor of Congregational Church, Kidder, Missouri. 

Making no allowance for the curvature of the earth and supposing -he sun to 
rise in the east and set in the west, what would be the course of a man whe should 
walk constantly toward the sun from morning until night? How far and in what di- 
rection from the starting point would he be, walking three miles per hour, at the end 
of three days? 


QUERIES AND INFORMATION. 


Conducted by J. M. COLAW, Monterey, Va. All contributions to this department should be sent to him. 


Note to Professor Dickson’s Article on Triangles, by Josiah H. Drummond, Portland, Maine. 

The late Judge, Josiah Scott, of the Supreme Court of Ohio, published in 1871 
au pamphlet (in which he modestly said, in substance, that while the Mathematician 
might find nothing new in it,yet the Student might not find it wholly without interest) 
demonstrated that 2mn, m?—n?, and m?+n?® give the “lowest intergers representing 
sides of a right angled triangle’ when m and x» are any numbers, one odd and one 
even, and prime to each other and m>n. 

This rule has seemed to me the most practical of any that I have seen. 
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A Comment from H. 0. WHITAKER, 5. 5..M.E., Professor of Mathematics, Manuai Training 
School, Philadelphia, Pennsylvania. 

In the query of L. B., page 27, of No. 1, L. B. asks why the value 5 which he 
obtains by “solving” does not prove. The reason is not, as stated by the editor, that 
the radical must be taken with the double sign because then the question would at 
once come,—what is the valus of 2 when +/;44=4VA7,—444-the plus sign in 
front of the radicals indicating without any ambiguity that the positive value of the 
radical is taken. Should the editor say that it is impossible to so indicate the positive 
root of a quadradic surd as his remarks on page 28 would imply, the reply would be 
that 3+4/2 is always consided totally distinct from 3—/2 and if true of 2 most cer- 
tainly is true of 

The answer to L. B.’s query is that he did not get the value 5 or any other 
value by “solving”: he simpy made a mistake in bis work, introducing a root. 

To illustrate, take —3. 
Square, 
Extract Square Root,,,;=3 
which will not prove. The error in the above is obvicus. The equation is 


_ squared when neither side was zero, 


By making every possible change of sign in the radicals 
«—a—a=0 or k orl or m 
or 0 or por 
or or 0 or 
—V or w or 0 

a*+4 


Multiplying all four, 40? ++0¢4—4a22=0 or v= 


It will be seen that the resulting equation being of the first degree, there is 
only one root for all four equations; as the editor Says,— when a is between + 2xand+ 
2, the first form reduces to zero; between +2 and 0, the second form; if a is between 
0 and —2 the third form will reduce to zero and between —2 and — «x the fourth form. 

The editor's explanation is also unsatisfactory from the fact that it will not 
explain the same conditions existing in equations containing surds of third degree and 
higher orders. 

The subject has been quite well discussed by Mr. W. G. Horner, (of Horner's 
Method fame) in Philosophical Magazine, January—June, 1836-8, page 43, etc. 


NOTES. 


Rev. Joseph Bayma, 8S. J., late Professor of Mathematics in Santa Clara Col- 
lege, Santa Clara, California, and author of a series of text-books, including Elements 
of Inflnitesimal Calculus (1889), died nearly two years ago. This late notice may be of 
interest to some of our subscribers who are using his text-books. J. M. C. 

Professor B. F. Burleson, of Oneida Castle, New York, so well known to many 
of our subscribers on account of his numerous contributions to the Mathematical Jour- 
nals of this country, hasbeen at the Hospital at Utica, since August last, taking a 
course of treatment for paralysis. He has been compelled to give up all Mathematics 
and correspondence. J. M. C. 
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Dr. J. E. Hendricks,the well known Editor of the Analyst, died at his home in 
Des Moines, Lowa, June 9, 1893. His biography with portrait will appear in our next 
number. mC. 
Miss Helen Almira Shaffer, A. M., LL. D., President of Wellesley College. 
died of pneumonia at the college, on January 29, aged 54 years. She was chief teacher 
of Mathematics for ten years in the St. Louis High School. In 1877, she accepted the 
professorship of Mathematics. in Wellesley, which she filled until 1888, when she be- 
came president of that institution. J. M. C. 
Professor Landreth, of Vanderbilt University, an alumnus of Union College, 
has been permanently engaged to fill the chair of Civil Engineering in Union College, 
Schenectady, in place of Professor C. C. Brown, resigned. FMS. 
Our subscribers will be interested to know that the volume “The Evanston 
Jolloquium, Lectures on Mathematics, “delivered from August 28 to September 9,1893, 
before members of the Congress of Mathematics held in connection with the World's 
Fair in Chicago, at Northwestern University, Evanston, Illinois, by Felix Klein: re- 
ported by Professor Alexander Ziwet and published by Macmillan & Co.;: New York. 
1894, 8vo, 119 pages, cloth binding, can now be had, either from ans publishers,or from 
Professor Ziwet. 14S. State St.. Ann Arbor, Michigan. J. M.C. 


EDITORIALS. 


We are obliged to apologize again to our subscribers for the delay of 


this issue of the Monruiy. We were delayed a week in getting the cuts from 
the engraver and several weeks in securing the necessary sorts, 

Professor Zerr’s excellent article on Centroid of Plane Areas was cut 
out of this number of the MonrHLY as we could not get the necessary sorts. We 
want the article toappear in good form and, hence, defer its publication till the 
March Number. 


Dr. Halsted says, ‘‘I think THe AMERICAN MatHematical, MoNnTHLY 
answers to a real need,and I wish you all success.” Prof, De Volson Wood 
says, ‘‘Your JOURNAL gives more than you receive,” These statements, in 
substance, are sisieabionel by all of our subscribers. 

We can not tell how pleased we are at the many tributes of praise that 
come to us from those who received the Montuiy. Nearly every letter begins 
by saying- ‘First number of AMERICAN MATHEMATICAL Monraty at hand. I am 
highly pleased with it. Please find enclosed $2.00 for my subscription for one 
year. Success to you, &e.” 

In answer to what kind of problems to propose for the MonTHLY, we 
would say that we want you to send us original problems, or problems selected 
from any text on Mathematics,in which different methods of solution are desiretl, 
or problems presenting any thing of interest to the proposer. 

We want to make the Monruty eminently practical, and if there is 
nothing in it suitable to the class room in our High Schools and Academies, it is 
because the laborers in that field of work do not make their wants known. Send 
us problems in Arithmetic or elementary Geometry and we will publish them, 
to be solved and discussed. 
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We kindly call the attention of our contributors to the following: In 
making diagrams, draw them on white unruled paper and attach the same 
to the solution. Also, please, draw the diagram on as small a scale as possible, 
the large cats being more expensive. 

George B. Halsted, A. M.,(Princeton);Ph. D., (Johns Hopkins Univer- 
sity), Professor of Mathematics in the University of Texas, has kindly consented 
to contribute a series of articles on Non-Euclideau Geometry, in future numbers 
of the Monruiy. These articles alone will be worth many times the cost of the 
Journal, as Professor Halsted is recognized as one of the ablest expounders of 
the Non-Euclidean doctrine in the world. 

Robert J. Aley, A. M., Professor of Mathematics jp the University of 
Indiania, showed his appreciation of the Monruiy by sending us the first club 
of fourteen subscribers. 

; Superintendent J. M. Greenwood, of Kansas City, Missouri, seems to 
have had great faith in Tue AMertcan MaruematicaL Monruty from the first; 
for no sooner did he receive our circular sent out in November than he immedi- 


ately remitted, being the first to give the MonruLy financial encouragement. 


THe American MaTHematicat MONTHLY is a fixed fact. We trust our 
friends will exert themselves to make it a financial success by securing new sub- 
scribers for us. Let each of our subscribers secure us a club of 10, yes even 1 
new subscriber, and then we will soon be free from any anxiety of material loss 
in the publication of the MonTHLy. 


BOOKS AND PERIODICALS. 


Algebraische Gleichungen nebst den Resultaten und don Methoden zu 
threr Anfloenng. {Algebraic Equations with answers and-methods of solution). 
hy Dr. Ernst Bardy, Leipzig, 1893. Octavo, 378 pages. 

This is the fourth edition of a well known German solution book for the use 
of teachers. It contains exactly one thousand exercises.all of which lead to a final quad- 
ratic equation. There are 492 examples involving one unknown quantity, 394 includ- 
ing two; and 114 embracing three or four unknowns. Answers are stated in all cases, 
and solutions of the more difficult exercises. Many special devices showing much en- 
genuity on the part o& the author are given. but it is a question if some examples are 
not of a nature to involve a great waste of time on the part of scholars. The follow- 
ing is one of the more difficult exercises: 

yit+a*) 
and the solution gives the results, 
uty au—4) uty u—4) 
in which w is a funetion of a and b which we leave to be deduced by young algebraists 
who are interested.in problems of this kind. Mansfield Merriman. 
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Elementary Synthetic Geometry of the Point, Line, and Circle in the 
Plane. By N. F. Dupuis, M. A., F. R. 8. C., Professor of Mathematics in the 
University of Queen's College, Kingston, Canada. 16 mo, cloth, 296 pp. Price. 
$1.10. New York: Maemillan & Co. 

This work differs from the majority of treatises on Geometry in that it system 
atically paves the way for the study of Cartesian Geometry. The point, the line, 
and the curve lying in a common plane are taken as the geometric elemeuts of Plane 
Geometry, and any one of these or any combination of them is defined as a geometric 
plane tigure. The book is divided into five parts. Part L.treats of lines.angles. triangles, 
parallels, and the circle: Part II. treats of comparison of areas, measurements of 
areas, geometric interpretation of Algebric forms. areal relations. «and squares and 
rectangles: Part III. treats of proportion amongst line-segments. functions of angles 
and their applications in geometry: Part LV. treats of geometric extensions, centre of 
mean position,colinearity and concurrence,inversion and inverse figures, pole and poli. 
radical axis, centers and axes of perspective or similitude: Part V. treats of anbarmonic 
di vision, harmonic ratio, anharmonic ratio, polar reciprocals and reciprocation, homo- 
graphy and involution. Parts I. and II., each conclude with Constructive Geometry in 
which the preceding principles are applied to numerous interesting and well selected 
problems. In this geometry, are demonstrated a number of propositions not found in 
many other treatises on geometry. We do not hesitate to pronounce it a very fine 
work and teachers who are contemplating a change of texts in elementary geometry 
will do well to examine this little book before making a selection. B. PB, 

Complete Graded Arithmetic, Second, for Sirth, Seventh, and 
Eighth (Grades, By George EK. Atwood. 8vo, half leather back, 382) pp. 
Price,—Boston: D. C. Heath & Co 

This arithmetic, which has just been issued. is one of the best that has yet 
appeared, for common and graded school work. It is abundantly supplied with well 
chosen problems, each one requiring the exercise of different powers of the mind. So 
many authors, in stating problems, have a frame-work of words in which at certain 
places numbers are inserted and thus their different problems are enunciated. ‘This 
mistake Mr. Atwood has happily avoided. 

The definitions and rules are resigned to the close of the book. This. to my 
mind, is an object on, but, by many teachers, this feature of the book will be highly 
appreciated. B. 

A Manual of Land Surveying, comprising an Elementary Course of Practice 
with Instruments anda Treatise upon the Survey of Public and Private Latds, j1re- 
pared for the use of Schools and Surveyors, by F. Hodgman, M. 8.. C. E.,Practical Sur- 
veyor and Engineer, and C. F. R. Bellows, M. A., C. E., Professor of Mathematics in 
the Michigan State Normal School. Fifth Edition, Revised by F. Hodgman,374 pp.+ 
112 pp. of tables. Price, $2.50. F. Hodgman, Climax, Michigan? 1891. 

Besides treating satisfactorily the subjects usually considered in eiementary 
works on Surveying, the book before us recognizes the fact that in a much larger part 
of the U.S.,land surveys are made upon the U.S. land system, and aims tosupply that 
which text-books are deficient in by discussing very fully U. 8S. Land Surveys and the 
many perplexing questions of practice arising under them. 

The rules which govern resurveysare given a prominent place and the decisions 
of the highest courts are fully quoted on all important points relative to surveys. 'I his 
is a special feature of this work. 

The general problem of correcting a random line of several courses between 
two known points, in order to reproduce the original location of the line is given in 
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this manual. The problem arises in retracing meander lines, highway lines,boundaries 
of irregular tracts of land, and in all similar cases, and is of great practical impor- 
tance, and yet few if any works on surveying make any reference to it. Land surveyors 
will appreciate the practical character of thi8 work. .To better fit it for a book of 
reference on the field it is brought within convenient pocket size by closely printing 
it on thin tough paper, with narrow margins. It is bound in flexible morocco with 
flaps. J. M. C. 
Elementary Synthetic Geometry. By George Bruce Halsted, A. B., A. 
M.,and ex-Fellow of Princeton College; Ph.D., and ex-Fellow of Johns Hopkins 
University; Professor of Mathematics in the University of Texas. Second edi- 
tion, 1893. 8vo, cloth. Price, $1.50. New York: John Wiley & Sons. 
For originality of treatment and logical arrangment, this work is 
superior to any other geometry in the language; it is geometry in a nut-shell. Dr. 
Halsted’s introduction of new terms in the language of geometry is highly commend- 
able, as such terms as_ sect, straight, steregon, ete., have become an absolute necessity to 


_ the progressive and logical teacher of geometry. An examination of the work is nec- 


essary in order to appreciate all its merits. ye ¥. FP: 

The Maine Farmers’ Almanac, Charles E. Nash, Augusta, Maine, contains, besides 
the calendar and other interesting matter, a Puzzle Department and a Mathematical 
Department. The number for 1894 contains solutions to the four questions proposed 
last year and six new ones are proposed for the next number. 

The Journal of Education, one of the leading weekly Journals for teachers, has 
an interesting Mathematical column in one issue of each month conducted by F. P. 
Matz, Ph. D., of Reading, Pennsylvania. In the issue of January 28, four interesting 
problems are solved. 

The School Visitor, John S. Royer, Editor, Versailles, Ohio, enters upon its 
15th volume. The January number contains solutions to 7 problems and a list of 17 
very interesting problems are given for solution in future issues. 

We are duly thankful for Professor Royer’s kind reference to the MONTHLY. 

The Educational Times, London, England, for January, has the usual amount of 
valuable sholastic matter and maintains the strength of its Mathematical Department. 
Fourteen problems are solved, and 36 new ones proposed. We are pleased to exchange 
with this valuable periodical. 

Problem 12186 is from our valued contributor, Professor Zerr. 

The Kensas University Quarterly for January, 1894, is at hand. The following 
is the Table of contents: 

Report on Field Work in Geology by Erasmus Haworth, M. E. Kirk. and 

W. H. H. Piatt. A Geolozical Reconnoissance in Southwest Kansas and No Man’‘s 
Land by E. C. Case; Traces of a Glacier at Kansas City, Missouri, by E. C. Case: 
New Genera and Species of Dolichopodidw, by J. M. Aldrich: and Descriptions of 
North American Trypetide with Notes. Part I. by W. A. Snow. 

ho Mathematical papers are given in this number. 

Annals of Mathematics for January, 1894, contains several very interesting arti- 
cles. as follows: 

A Construction for the Imaginary Points and Branches of Plane Curves, by F. 
Hl. Lond: The Screw as a Unit in a Grassmanian System of the Sixth Order.by E. W. 
Hyde: On the Theory of Functions of a Complex Variable, by W. H. Echols: Ziwet’s 
Mechanies, by W. M. T.: Rules for the Algebraic Signs of Hyperbolic Formalae, by G. 
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Nacloskie: On the Descending Series for Bessel’s Functions of both kinds, by James 
McMahon; An Elementary Deduction of Taylor’s Formulae, by W. H. Echols: On 
(iauss’s Method of Elimination, by Asaph Hall. One problem is proposed. 

The Bulletin of the New York Mathematical Society for January. has for its 
leading Article, Modern Mathematical Thought by Professor Simon Newcomb. The 
other article is Recent Researches in Electricity and Magnetism, by Lieutenant Geo. 
QO. Squier, U.S. A. Notes, and New Publications, fill the last pages. J. MC. 

Several Notices of books and pamphlets intended for this number will appear 
in the March issue. 

Miscellaneous Notes and Queries, a Monthly Magazine of History, Folk-Lore. 
Mathematics, Mysticism, Art. Science etc., published by S.C. and L. M. Gould, Man- 
chester, New Hampshire, edited by 8S. C. Gould. Price, $1.00 per year. 

We have received the February and March numbers of this Monthly and_ find 
it truly full of things curious, quaint and olden, entering into every branch of science. 
literature, and art. It is a store-house of information to the student desiring many 
things from many sources, 

Education, a Monthiy Magazine devoted to the Science, Art, Philosopy. and 
Literature of Education, published by Kasson & Palmer, 50 Broomfield Street, Boston. 
Price, $3.00. 

The January number of Education is before us and presents an entertaining 
and instructive table of contents,consisting of Secondary Education of Girls in France. 
A very strong paper on The Unconscious Element in Dicipline. by Henry S. Baker of 
St Paul, Minnesota. Every one who has made the subject a study will agree that 
Mr. Baker has touched the key note of discipline in school government. Another es- 
pecially interesting article ison Western Reserve University, by Emerson O. Stevens. 
Cleveland, Ohio. Other features are Drawiig in General Education, Shortened Writ- 
ing, State University Library Work, Editorials, Echoes from the Exposition, Depart- 
ment of Professional Study. Foreign Notes, Among the Books, and Periodicals. This 
Magazine is international in its scope and therefore commends itself to the liberal 
educator. 


ERRATA. 


Vol. L, No. 1., p. 11, for John L. Lyle, Westminister College, read 
John N. Lyle, Westminster College. , 

p. 18, for Long Branch Depot, read North Branch Depot. 

p. 19, solution to problem 2, step 2, for §=§ 97 read 


p. 21, first line in solution for opperations, read operations. 
p. 23, problem-7, last line, for (y—2mn)*, read (y—2 am)’. 
p. 25, problem 3, for total length swept over,read total area swept over. 
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LE. Henpricxs, A. M. 
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